Let X be a Banach space, A a closed linear operator on X , and X\ , ... , A" isolated eigenvalues of A of finite multiplicity. If P is a projection on X such that X\,... ,Xn belong to the resolvent of the compression of A on the range of P it is easy to see that dimN(P) > max{dim N{X¡ -A): I <i <n}.
Let X be a complex Banach space. For an operator A in X (not necessarily everywhere defined) we denote by D(A), N(A), and RiA) the domain, the kernel, and the range of A , respectively. If P is a bounded linear projection on X with PiDiA)) ç DÍA) the compression of A on RÍP) is the linear operator Ap defined in the closed subspace RÍP) by DÍAp) = DÍA) n RÍP) and Apy = PAy for y G RÍP). It is easy to see that Ap is injective (i.e., N{Ap) = {0}) iff NÍA) n RÍP) = {0} and R(AP) n A(P) = {0} . Therefore dim N(P) > dim NÍA) if Ap is injective.
The collection of projections Poní with P(DiA)) ç DÍA) will be denoted by PaÍX) . The main result of this note is the following:
Theorem. Let A be a closed linear operator in a Banach space X and let Xx, ... , Xn be isolated eigenvalues of A of finite (algebraic) multiplicity. Let
Ci be a subset of C such that £2 ^ C ¿i«¿z £2 n (TÍA) = {Xx, ... , Xn\. If C £ C\£2 then there is a projection P £ PaÍX) such that £2 ç píAP), o(Ap) = tr(^)\£2u{C} and dim A(P) = max dim MX -A).
A€£2
In [ 1, 2] Islamov proved a similar result for finite-dimensional perturbations of A. It is well known that many results on compact or finite-dimensional perturbations have analogues in terms of compressions to subspaces of finite codimension, see [5, 6, 7] . The theorem above is another example of this relationship.
The proof will be divided into two steps. The main step is the following lemma which is the theorem in the finite-dimensional case. For its proof we need some facts about /(-matrices (for details see [4] ).
A A-matrix is a matrix over the ring of polynomials in X over C. Let B be an n x n matrix over C and LbÍX) := XI -B. For / = I, ... , n define the polynomial ¿//(A) to be the greatest common divisor ( gcd ) of all minors of LbÍX) of order / and doiX) = The proof is complete.
With this result it is possible to show a corollary for the Browder spectrum analogously to [7] .
Corollary. Let A be a bounded operator on a complex Banach space X and e > 0. Then there is an extremal compression Ap of A in such a way that aiAp) is contained in the ^-neighborhood U of the Browder spectrum o0ÍA) of A and dim A(P) = max dim A(A -A).
x$u Proof. Consider aiA)\U, with U = {X £ C: dist(A, obÍA)) < e} . This is a finite set because o{A)\U is a compact set of isolated points. Applying the theorem to A , £2 := aiA)\U and an arbitrary Ç £ oessÍA) shows the corollary.
